If i£ is a strongly harmonic ring with 1, then R is isomorphic to the ring of global sections of the sheaf of local rings

&(R) over ^(R). Let Γ^{R),&{R)) be the ring of global sections of &(JR) over ^#(R).
For every unitary (right) iίί-module
1* If JB is a ring with 1, ί? is called harmonic (or regular) if the maximal modular ideal space, say ^(R), with the hull-kernel topology, is a Hausdorff space (refer [5] ). A ring R is strongly harmonic provided that for any pair of distinct maximal modular ideals M 19 M 2 there exist ideals jy, & in R such that S*f g£ M^ g ikf 2 and Ssf & -0. For any nonempty subset S of a ring R define (S) 1 = {r e i? | sr = 0 for every seS} and if ae R let aR ι be the principal right ideal generated by α. If M is a prime ideal of a ring ij let O(M) = {reR\ (rR,) 1 g Λf}. An ideal J^ of a ring R is called M-primary for some maximal modular ideal M oΐ R provided that MjSsf is the unique maximal modular ideal of R/J^f and if J^' is an ideal of R such that J^' S <^ and J*" ^ J^ then R/J&" is no longer a local ring (here by a local ring we mean a ring with the unique maximal modular ideal). The principal results in this paper are as follows: Let R be a ring such that if R/S is a local ring for some ideal S of R then R/S has a unit. Then R is strongly harmonic if and only if O(M) is M-primary for every maximal modular ideal M of R. If R is a strongly harmonic ring with 1 then R is isomorphic to Γ{^ί (R\ &(R) 
1 Q M. This means that a£A M and α g Π {A x |M is a maximal modular ideal of R). This is a contradiction. EXAMPLE 2.8. Let 22 be a strongly semi-simple ring, that is a ring in which the intersection of maximal modular ideals is zero. If the maximal modular ideal space, ^jf(β) with the hull-kernel topology, is a Hausdorff space, then R is strongly harmonic. EXAMPLE 2.9. If R is a ring with 1 such that it is strongly harmonic then it is harmonic. However, if 1 g R then a strongly harmonic ring may not be harmonic. For example, let R be the algebra of sequences (α Λ ) Λ^0 of 2 x 2-matrices over the field of complex numbers C, such that a n -> (~ A for n-» oo for some XeC. Then the intersection of the maximal modular ideals of R is zero and (Έt) is Hausdorff. Hence R is strongly harmonic; however, it is not harmonic. EXAMPLE 2.10. Let R be a von Neumann algebra. Then for any distinct pair of maximal ideals M 19 M 2 there exist central idempotents e ly e 2 in R such that e λ g M ί9 e 2 ί M 2 and such that e^e 2 -0. Hence R is strongly harmonic. EXAMPLE 2.11. Let Q be the field of rational numbers and let Pi > V21 9 Vι be a finite number of distinct prime numbers. Let R -{m/n eQ \n is not divisible by any p i9 1 ^ i ^ I}. Then ^(R) consist of I points and it is a Hausdorff space. However, since R is an integral domain, R is not strongly harmonic if ϊ > 1. DEFINITION 2.12. Let R be a ring and M be a maximal modular ideal of R. An ideal & in R is said to be M-primary, for some maximal modular ideal M of R, provided that & £ M, i?/^5 is a ring with a unique maximal modular ideal Mjέ?, and if P is an ideal of R such that P £ ^ and P Φ <^, then ϋί/P is not a local ring. Here, by a iocαϊ rm<7 we mean a ring with a unique maximal modular ideal. 
. Let R be a ring and let έe(R) = \J {R/0(M) I Me the disjoint union of a family of rings {R/0(M) \ Me ^£(R)). For each reR define r to be the function from ^/ί\R) into &{R) such that r{M) = r + O(M) for each Me ^€(R). Let τ = {f(U)\reR and U is an open set in ^€(R)\. Let p be a family of sets consisting of arbitrary unions of the members of τ. Then (&(R), p) is a topological space and each point r(M) of &{R), reR and Me ^^(R), is contained in an open set which is homeomorphic to an open set of ^/f(R) under the canonical projection'. r(M) \ -* M, that is, is a sheaf of rings over
Proof. 
. Lei R be a strongly harmonic ring. If F is a compact subset of ^£(R) and M o £ F for some M o e ^(R) then there exist ideals S^f and <S£? such that S?f & = 0, M Q e supp (J&) and Fg supp(^).
Proof. Since R is strongly harmonic, for any MeF there exist ideals J^ ', &? f in R such that M" o e supp (J^")> ikfesupp(^r) and Stf"££' -0. Since i^7 is compact, there exist a finite number of ideals, say j^, j^ζ, , JK, -^, -^, , -^ such that 
, n, and r 1? r 2 , , r n in R such that
, n. Since 2^ is a closed subset of a compact space, it is compact. Hence , n.
Hence, for every Me
Thus if we let r = e Q + Σ?=i r^> then for every is a compact space, by 3.4 if σ e then there is reiϋ such that σ -r. Thus r^f is an isomorphism of R onto Γ(^/?(R), DEFINITION 3.6 . We say that a sheaf & over the space X is soft provided that if F is a compact subset of X and σ e Γ(F, then there is σ e Γ (X, &) Proof. We omit the proof because it is only a variant of the proof of 3.4. However, it is worth noting that the full strength of 2.4 is needed here to prove that ζ Λ is an injection,
4.
A ring is called biregular if every principal ideal of the ring is generated by a central idempotent. In [2], Dauns and Hofmann proved that if R is a ring with 1 then R is biregular if and only if R is isomorphic to the ring of all global sections of a sheaf of simple rings over a Boolean space. By applying this theorem, we will show that if R is a ring with 1 such that it contains no nonzero nilpotent elements then R is biregular if, and only if, every prime ideal of R is a maximal ideal of R. Proof. If R is biregular then so is the ring RJM for any ideal M of R. Hence if M is a prime ideal then R/M is a prime biregular ring. Therefore, R/M contains no proper principal ideal for if R/M contains a proper principal ideal, then R/M would have two nonzero ideals whose product is zero. Thus R/M is a simple ring and M is a maximal ideal of R. 
